Abstract. The problem of determination of some class of geometric objects has been reduced about forty years ago to consideration of some subsemigroups of the differential group L\ (cf. [1] and [6] Denote by R the set of all real numbers and by |fc, l\ -the set of all integer numbers n such that k < n < I (|fc, oo| denotes the set of all integers n> k). n Let Ro := R\{0}. We adhere to the convention that 0° = 1, a* = 0 and k=m |m, n| = 0 for m > n. We begin with two definitions of groups L\ and L^.
Denote by R the set of all real numbers and by |fc, l\ -the set of all integer numbers n such that k < n < I (|fc, oo| denotes the set of all integers n> k). 
¿=1
is a group, which is denoted by L\. The problem of determination of some class of geometric objects has been reduced (cf. [1] and [6] ) to consideration of subsemigroups of the onedimensional differential group L\ such that some parameters of the sequence (xi,... ,x s ) are functions of the remaining ones. We are going to consider here the following two subsets of the groups L\ and Lie (cf. [2] , [3] and [5] - [15] As one can see, the sequence xi-i = • • • i^z-i) € consists of all elements of the sequence = (x2, • • • , 6 P ( L 1; which are not assumed to be 0. Similarly, the sequence xi-i = (x\,Xi + 2,... i) G includes all the elements of the sequence aff_i = (x\,xi-i) G which are not assumed to be 0.
We will determine all functions hi, h n for n G \l, s| and f n for n G |Z, s| for which the sets P l s ^ s | and Z % s ^ s j are subsemigroups of the groups L\ and L^. In this way we generalize some results from [5] , [9] and [13] . Our consideration concerning the first typy of subsets we precede by the studying of the simplest case. Namely, we consider the sets Moreover, in [3] there are proved 
For a nonnegative integer i < n -1 let us denote
We have (cf. Lemma 1, and Lemma 2 [4] ). 
1. Subsemigroups of the type T*,, , In this section we will assume that i, I are non-negative integer numbers such that i + 3 < I and s is an integer number such that I < s or s -oo. Recall that 
We prove THEOREM 1. given by
where
Proof, (i) By Theorem 1 from [3] we obtain that for I > 4 + 2i the first functional equation of the system (5) , that is the equation with the function gi on the left hand side has no solution. Then also the whole system (5) has no solution.
(ii) We show that the equation of the system (5) with the function <74+21 on the left handjside has no solution. For a contrary let us suppose that a function <74+2t :
->• R is a solution of this equation, i.e. that a function <?4+2i satisfies the equation
If we put in (6) Xi+2 = 0, then by Lemma 1 (p -i + 1, q = i + 2) we get 
9n(zi-i) = 9n(xi-1) + gn(m-1),
« e s|, and, for s = 3 + 2ï
where in the both cases
The simply proof of this assertion (compare proofs of Theorems 7 and 8, [3] ) is left to the reader.
• Consequently we have The problem of existence of subsemigroups ^ s | for I = i + 3 and s > 4+2i or s = oo is much complicated and will be treated in a separate paper. An example of such subsemigroup for i = 0 and a finite or infinite s is given in [14] . The existence of the subsemigroups is equivalent to the existence of some form one parameter subgroups of the group L\ as well as to the existence of some form of homomorphisms into the group L\. E 0 , K : P/_ 1 -• R for n G |Z,s| and the sets P/^ are given by (2) .
Subsemigroups of the type
Similarly, as for the set T* ^ g |, the set P for m G \i + 2,l -1|. We will assume here that (9) is given by hi = l,
w/iere : R -> R, n € |Z, 3 + 2i\, k 6 |z + 2, Z -1| are arbitrary additive functions. 
Subsemigroups of the type Z l s ^ s|
Finally, we consider subsemigroups of the group L\ of the second type. Let i, I be non-negative integer numbers such that i + 2 < I and s is an integer number such that I < s or s = oo. We will consider sets
where fn : -> R for n € |Z, s| and the sets Z\_v Z\_x axe given by (3). Proof. By Theorem 3 from [3] we get that for / > 4 + 2i the first equation of the system of equations (11), i.e. the equation with the function // on the left hand side has no solution. Thus the system (11) has no solution.
(ii) Consider the equation of the system (11) with the function /4+21 on the left hand side, i.e.
Setting in (12) x\ = y\ = 1 we get Put fl'4+2t(«i-i) := /4+2t(l,^_i) for every € T/_ r Then from (13) we get (6) . Since (6) has no solution, we obtain that also (12) has no solution. Then the system (11) has no solution.
(iii)-(iv) Let I <E |i + 3,3 + 2i| and I < s < 3 + 2i. Prom (v) Let I = i + 2 and I < s < 2 + 2i. Prom (11), by Lemma 1 we get fn(xiyi) = xif n (yi) + yif n (xi), n £ | Z, s\. and by Theorem 1 from [6] we obtain our assertion.
• Consequently we obtain 
